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Foundations of a New Test Theory

Abstract

It is only a slight exaggeration to describe the test theory

that dominates educational measuremen' today as the application of

twentieth century statistics to nineteenth century psychology.

Sophisticated estimati .c pzocdlares, new techn-ques for missing-

data problems, and theoretical advances into latent-variable

modeling have appeared--all applied with psychological models that

explain problem-solving ability in terms of a single, continuous

varishle. This caricature suffices for many practical prediction

and selection problems because it expresses patterns in data that

are pertinent to the decisions that must be made. It falls shoct

for placement and instruction problems based on students' internal

representations of systems, problem-solving strategies, or

reconfigurations of knowledge as they learn. Such applications

demand different caricatures of ability--more realistic ones that

can express patterns suggested by recent developments in cognitive

and educational psychology. The application of modern statistical

methods with modern psychological models constitutes the

foundation of a new test theory.
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Introduction

Educational measurement faces a crisis today that would

appear to threaten its very foundations. The essential problem is

that the view of human abilities implicit in standard rest

theory--item responqp thpory as well as classical true-score

theory--is incompatible with the view rapidly emerging fuom

cognitive and educational psychology. Learners increase their

cc:..etence not by simply accumulating new facts and skills, but by

reconfiguring their knowledge structures, by automating procedures

and chunking information to reduce memory loads, and by developing

strategies and models that tell them when and how fa.ts and skills

are relevant. The types of observations and the patterns in o-'.

that reflect the ways that students think, perform, and learn

cannot be accommodated by traditional models and methods. To some

it would seem to some that psychometrics has little to offer in

the quest --o apply this new knowledge to the oractical educational

problems of the individual, the classroom, or the nation (Bfunt and

MacLeod. 1978).

I concur that the standard methods of test theory do not

suffice for solving problems cast in the framework of what we are

learning about how people acquire knowledge and competence, but I

cannot dgiee that psychometrics has nothing to offer.

Standard test theory evolved as the application of

statistical theory with a simple model of ability that suits the

decision-making environment of most mass educational systems.

Broader educational options, based on insights into the nature of

learning and supported by more powerful technologies, demand a

broader range of models of capabilities--still simple compared to For
the realities of cognition, but capturing patterns that inform a f-

broader range of alternatives. A new test theory can be brought 0

about by applying to well-chosen cognitive models the same general ton

principles of statistical inference that led to standard test

theory when applied to the simple model. , str.butiu/
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The first half of this paper sketches the evolution of

standard test theo-v, highi ighting the challenges that spurred

each new advane. The challenges that cognitive and educational

psychology present today are then discussed, and a framework for

responding to that challenge -ic outlined. Directions for needed

developmeit are exemplified with current work.

The Early Context of Educational Decisions

The kinds of decisions that shaped the evolution of classical

test theory were nearly universal in education at the beginning of

this century, and dominate practice yet today. They were born of

the constraints educators encountered as they launched their

campaign to provide education on a broader scale than had ever

been at teu1pted hitherto:

... the demand for tests arose during the period when
school attendance was made compulsory and when higher
education was developing its strengths. Educators faced
the unpi:-redented dilemma of dealing with the range and
diversitv of abilities and backgrounds chat individuals
bring to schooling. They needed ways of determining
which children and youths would be able to profit from

some form of instruction as given in ordinary school and
college practices as designed essentially for the

majority of the population." (Glaser, 1981, p. 924).

Educators were confronted with selection or placement decisions

for 1, -v nimbers of students. Resources limited the information

they could gather about each student, constrained the number of

options they could offer, and precluded tailoring programs to

individual students once a decision was made.

A first example is selecting applicants into a college that

presents the same material in the same way to all students. There

is only one treatment, and the alternatives are to accept or

reject. The admissions officer would prefer to accept those who

,ire likely to succeed. When resources permit more than one

decision option, the usual generalization of the accept/reject

pair;digm is to offer a sequence of alternatives, each more

demanding than the next. Placing high school freshmen into



academic tracks is an example of this latter type. Problems of

selection into a s~ngle program and of placement into a single

sequence are both decisions about "linearly ordered options."

Exposing a diverse group of students to a uniform educational

treatment typically produces a distribution of outcomes (Bloom,

1976). An individual's degree of success depends on how his or

her unique skills, knowledge, and interests match up with Lhe

equally multifaceted requirements of the treatment.

At costs substantially lower than personal interviews or

performance samples, responses to multiple-choice test items

provide information about certain aspects of this matchup. What

is necessary is that each item tap some of the skills required for

success. Even though a single item might require only a few of

the relevant skills arid offer little inforim-tion in its own right,

a tendency to pro-ide correct answers over a large number of items

supports some degree of prediction of success (Green, 1978). If

all candidates are administered the same items, and one wishes to

predict success in linearly-ordered options, their number-correct

scores can be used (Dawes and Corrigan, 1974). Even though the

several students at a given score level possess different

constellations of skills, abilities, and backgrounds, making the

same decision for all of them among the available alternatives is

often about as well as can be done with the available data.

Once the test and the linearly-ordered options are specified,

making decisions from test performances requires nothing more

complicated than adding up numbers of correct responses. Two

different tests constructed for the same decision, however,

inariably line up examinees differently as they draw upon

different particular skills from the myriad of those potentially

informative. Additional statistical machinery is required to

7,uide one in constructing tests and evaluating their qualit\v.

Classical test theorv was a first response to these needs.

lea ini l N ~ mil aiillnli~lni il~p~ m ,



Classical Test Theory

Charles Spearman (1904a, 1904b, 1907. 1910, 1913) is credited

with the central idea of classical test theory (CTT): a test score

can be viewed as the sum of two ccmponents, a "true" score Cnd a

random "error" term. Two similar ("parallel") tests are

considered to reflect the same true score, but disagree about an

examinee's observed scores because of the error components--the

variance of which can, under the assumptions of CTT, be driven to

zero by just making the tests long enough. Ideally decisions

would be based on true scores; in practice they must be based on

observed scores. "Reliability." the degree to which the

unobservable true scores account for the variance in observed

scores, gauges the accuracy with which a test lines up a group of

examinees--a reasonable criterion for the quality of a test if it

is assumed that the items tap appropriate skills and scores will

be used to decide among linearly ordered options.

Upon these notions was founded a practicable testing

methodology. Reliability became a paramount measure of the

quality of a test, although of couise reliability had tc be

complemepted with validity measures such as the correlation

between test scores and subsequent performance. Validity studies

had less influence on test construction, however, because they

arrive too late in the process--only after the test has been

-riministred and examinecs have been followed over time. To

ohtain high reliability, one useq items that would be answered

correctly by about half the examinees, for example, and avoids

items that would have low correlations with the total test scores.

Note chat theso dicta could guide test construction solely

from counts and patterns of right and wrong responses to candidate

test items--ignoring both the content of the items and the

contemplattcd decision alternatives. Of course good test

coristruction does consider the knowledge, skill, and strategy

requiremcitns of items. The point is that these considerations lie

o,'sid, ! hti ] em of the classical test theory. Test developers

, ,, ,, n m i mt~onlmiilll • ll ml~~
i



use them independently of, sometimes in contradiction to, what

rest theory tells them.

Building upon Spearman's foundation, psychometricians

developed a vast armamentarium of techniques for building and

using tests (Gulliksen, 1950), such as approximating reliability

from the internal consistency of items within a test (Kuder anid

Richardson, 1937) and estimating validity without knowing

subsequent performances of rejected examinees (Kelley. l9231

Over time, a rigorous axiomatic faundati waq laid for

statistical inference under the aegis of CTT (Lord, l5)0 Novic K

19661 Lord and Novick, 1968). The simple partitioning of ohse-vd

scores into true and error components was generali 7ed to mu'lijp~l

sources of variation from items. persons, and observatioral

settings, and the full power of analysis of variance was bL0o1u,t

to bear upon decision-making problems usim,, t:st scor, (,7onhL

Gleser, Nanda, and Rajarat nam , 1972; Lord and Novick, [e8

A souirce of dissatisfaction with CTT early o,, was that its

characterizations of exaininees, such as tots 1 scTan picrcnt 1:

rank, and of items, such as percent - correct and item- test

correlation, are confounded descriptions of the particular itens

that constitute a test and a particular group of examinees who

takes it (Wright, 1968). if one test consists of easier items

than a second otherwise similar test, examirc s' scores on the two

tests are not directly comparable and score dist r-ihut ions have

different shapes. If a test is administered to groups of

examinees that differ in proficiency, item percents-correct ald

item-test correlations differ. When many tests could be

constructed for the same purpose, differing perhaps in ditticul

or length, should not there be , a way to - t. riz .......... s

independent lv of the test t hey took, aind iteis ind(Jlpem .:: 1% : -f

the examinees who took t hem'

In attitude measurement, where agreemntts to a topic art

analogous to correct answers to test questions, L.L. Thu-stone

(1928) expressed the following desideratum: "If a scale is to be

regarded as valid, the scale values of the statements should not

5
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item, a function of that person's proficiency paramreter and one o'

more parameters for the item. The item's parameters express

pr eerties such as difficult-y or sensitivity to preicienrv. Tli,

item response, rather than the test score, is the fundamenital unit

of observation. If an IRT model holds, responses to any, subset of

items support inferences on the same scale of measurement~

This conceptual izat ion opens the door to solvir.g mnany%

practical testing problems that: were difficult under CTT, such asi

Test constru-ction (Birnbaum, 1968- Theunissen, 19)85). if

itemn parameters are ax' ilaile for a ccltlction of items, tt5(. 11

he consi rue ted for opt imal performance in spec ific applicat ionis

such as minimnizing classifica7tion ei-rors,
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passed CTT quality cnecks. Ill strative purposes were served

adequately by rough estimation procedures that treat point

estimates of examinee- dnd tem-parameters as if thev were the

parameters themselves, ignoring the uncertainty a- ;ociated with

the estimates. These approximatiuns break down when IRT is

applied beyond the usual limits of GTT testing, as when examinees

ire presented only, say, fifteen items in adaptiv, testing or five

in educational assessments (Mislevy, 1988). In respmnse, IRT

researchers ha-e Vurned tr two active lines of research in

statistics: missing data methods and Bayesian escimation.

Missing ddta metaods ate relevant because a latent variable

such as an IRT examiree proficiency parameter can bc viewed as a

datum whose value is missing for everyone. General results on

estimating parameters when some data are missing, such as

Dempster, Laird, 2nd Rubin's (1977) EM algorithm, have led to

methods of item parameter estimation that are at once rigorous and

ef icient (e.g , Eock and Aitkin, 1980; Tsutakawa, 1984). Results

on statistical infornation i11 missing Opta problems yield insights

into the uncertainty structures of IRT parameters (Mislevy and

Sheehan, in press; Mislevy and Wu, 1988) and offer ways of

increasing accuracy by exploiting collateral information about

items and examinees (Mislevy, 1987, 1988a).

The Bayesian perspective confronts uncertainty head on,

expressing what is known about paroveters as probability

distributions. ATen these distributions are concentrated, the

expedient of using point estimates as if they were tle true

parameters can give acceptable results in subsequent analyses.

But when the distributions are diffuse, one must propagate thp

uncertainty into subsequent anilyses to obtain correc inferences.

Statistical reasoning along these lines was proposed as far back

as 1927 by Kelley (1927), and championed by NavicK in the 1970's

(e.g., Novick and Jackson, 1974), but only now are the ideas

gaining currency. In this framework, one can determine when the

standard, simpler, approximations suffice, but use (admittedly

more complex) correct analyses when they don't. For examples in

8



IRT estimation problems, see Bock and Aitkin (1981) on item

parameters, Misievy (1988b) on proficiency distributiors, and

Tsutakawa and Soltvs (1988) on individuals' proficiencies.

The Question of Model Fit

But of course the IRT model is never exactly correc-. A

single variable that accounts for all nonrandomness in examinees'

responses is not a serious representation of cognition, but a

caricatule that can solve applied problems when it captures the

patterns that are salient to the job. The pattern that CTT and

IRT can capture is examinees' tencencies to give correct

responses, which can usefully inform decisions about linearl,,

ordered alternatives. IRT was a practical advance beyond CTT

because it provides information about overall proficiencies in

more flexible ways. It was a conceptual advance because it

provides a framework for detecting anomalies in the "overall

proficiency" paradigm.

This can be illustrated with Rasch's (1960) model for

right/wrong items, supposing for convenience all examinees are

presented the same test. Under CTT, all examinees with a given

total score would be treated alike. Under the Rasch model, all

examinees with the same score would receive the same ability
2

estimate , and mijht also be treated alike--depending on an

analysis of mudel fit. Combining an examinee's proficiency

estimate with an item's difficulty estimate, the Rasch model

states how likely a correct response would be if the single-

proficiencv conception of ability were true. The items tha^t high

scorers missed sliould uisuallv be easv ones, and the items low

scorers got right should be easy ones. Finding that these

2 Under other iRT models such as the 2- and 3-parameter

logistic models, examinees with the same total score need not
receive exactly the same ability estimate, but usually receive
similar estimates. Correlations between total scores and IRT

estimateq in typical educational tests are usually above .9', and
few decisions would he :.iade differently with any IRT model, or, if
E' ye rvne has taken the same test. even with CTT.

. .. ... . .......... .. . . . - -- - - m m m w m nmw ~ z



patterns hold supports making the same decisions about people with

same scores, becau;e, to an approximation, they got the same

item right and the same ones wrong. Total scores, and thus Rasch

ability estimates, convey nearly everything these data have to say

about comparing these examinees.

To the extent that high scoring examinees miss items that are

generally easy and low scoring examinees get hard ones right,

neither total scores nor IRT ability estimates may be capturing

all the systematic information in the data. Analyses of an

individual's unexpected responses can roveal misconceptions or

atypical patterns of learning (Mead, 1976; Smith, 1986; Tatsuoka.

1983). To understand these patterns one must look beyond the

simple universe of the IRT model--to the content of the items, the

structure of the learning area, the pedagogy of the discipline,

and the psychology of the problem solving tasks the items demand.

Now, patterns in responses other than overall level

proficiency can have educational and psychological meaning, but

yet hold no salience for a particular decision. If overall

proficiency in a domain of items suffices for a particular

decision, as can be the case with linearly ordered educational

options, cross-current patterns constitute data variation that

need not be explicated. This is the essence of statistical

modeling: expressing the patterns that are dominant and meaningful

in terms of model parameters, and allowing for departures from

these patterns in terms of distributions of residuals. But if the

decision does depend on the cross-current patterns, in addition to

or instead of overall proficiency, neither CTT nor standard IRT

may be the right tool for the job.

The issue of model fit, then, is more pragmatic than

sta*istical, since lack of fit must be judged in practice by the

nature and the magnitude of the errors it causes. An IRT model

might be satisfactory for selecting honors math students, for

example, if people with similar scores have similar chances of

success--even though examinees with similar scores have different

profiles of skills and knowledge. The profile differences could

10



be modeled as "noise" without harm for the selection decision--but

probably not for advising individual examinees which topics to

study to maximally increase their sc ces.

Measuring learning is one application where IRT models can

fail, because they accommodate only a highly constrained type of

change: an examinee's chances of success on all items Must

increase or decrease by exactly the same amount (i:. an appropriate

metric). A single IRT model applied to pretest and posttest data

cannot reveal how different students learn different topics to

different degrees--patterns that could be at the crux of an

instructional decision.

Testing and Learning

Good "macro-level" decisions to place students into

appropriate educational programs are important in increasing the

quality of education, but they are not sufficient. Tracking

students as they progress opens the door to finer grained "micra-

level" decisions to enhance learning along the wav. Good

decision-making at this level requires an inferential framework

built around an understanding of how students learn.

A picture of a learner that is consistent with standard test

theory is that of a collector of facts and skills, adding each to

his repertoire more or less independently of others. Recent

developments in psychology sketch a markedly different picture.

reflecting the astounding capabilities and the surprising

limitations of the mind--lightning fast recognition of stored

patterns and creative applications of heuristic strategies, on the

one hand; vet with short term memory capacities of only about

seven elements and an inability to perform more than one

attention-demanding task at a time. Performance is to be

understood through the availability of well-practiced procedurk-s

that no longer demand high levels of attention ("automaticity")

strategies by which actions are selected, monitored, and, when

necessary, switched ("metacognitive skills"); and the mental

structures that relate facts and skills ("schema"). Learning is

11



to be understood through the automatization of procedures; the

acquisition and enhancement of metacognitive skills; and the

construction, revision, and replacement of schema.

Comparing the performances of novices and experts offers

insights into the nature of performance and learning. A first,

unsurprising, difference is that experts command more facts and

concepts than novices, and have richer interconnections among

them. Interconnections overcome limitations of short term memory

while the novice may work with seven distinct elements, the expert

works with seven constellations that embody relationships among

many elements ("chunking"). Moreover, experts often organize

their knowledge in schemata possessing not simply more

connections, but qualitatively different ones. The advanced

concept: that college physics students acquire, for example, can

be organized around informal associations or naive misconceptions

(Caramazza, McCloskey, and Green, 1981). These novices tackle

physics problems in less effective ways than expert physicists,

whose more appropriate schemata lead them to the crux of the

matter (Chi, Feltovich, and Glaser, 1981). Experts also differ

from novices by having automatized, through study and practice,

procedures that were once slow and attention consuming, allowing

them to focus on novel aspects of a problem, look from different

perspectives, and more efficiently monitor and guide their efforts

as they work (Lesgold and Perfetti, 1978).

The challenge to education is to discover what experiences

help a learner with a given configuration of propositions, skills,

and connections to reconfigure that knowledge into a more powerful

arrangement. Vosniadou and Brewer (1987) point to Socratic

dialogue and analogy as mechanisms that facilitate such learning.

To apply them effectively, one must take into account not simply

target configurations, such as the expert's model, but the

individual learners' current configurations. The clallenge to

test theory is to provide models and methods to assess knowledge,

and to guide instruction, as seen in this new light.

12



To what extent can standard test theory meet this challenge?

Recall that standard test theory characterizes performance only as

to overall level of proficiency, and learning only as to change in

overall proficiency. Cronbach and Furbv (1970) note the

inadequacy of such measures of change when applied with

conventional broad range educational tests:

Even when 'test scores' X and Y are determined by the

same operation ,e.g., scores under the same CTT or IRT

model , they often do not represent the same
psychological processes (Lord, 1958), At different

stages of practice or development different processes
contribute to performance of a task. Nor is this merely

a matter of increased complexity: some processes drop

out, some remain but contribute nothing to individual
differences within an age group, some are replaced by

qualitativelv different processes. (p. 76).

Standard test scores can he connected more closely with

cognition if they summarize performance over only tasks that -re

very homogeneous in their requirements (Glaser, 1963), arid this

specificity marked the criterion referenced testing movement of

the 1960's and 1970's. Merely defining testing areas very

narrowly, however, is not sufficiont to make test scores

instructiolnally relevant (Glaser, 1981). A list of scores in

narrowly defined areas ignores the interconnections among scores

induced by the knowledge, skills, and strategies they tap in

pairs, in triples, or in hierarchies of the specific behaviors--

vet it is at just this level that instructional relevance must be

sought.

New Tests, New Test Theory

A learner's state of competence at a given point in time is a

complex constellation of facts and concepts, and the networks that

interconnect them: of automatized procedures and conscious

heuristics, and their relationships to knowledge patterns that

signal their relevance: of perspectives and strategies, and the

management capabilities hy which the learner focuses his efforts.

13



There is no hope of providing a complete description of such

a state. Neither is there a need to. The new pedazozy need

merely(!) identify communalities among states of competence that

can be linked to instructional actions that facilitate changes to

preferable states. Distinctions need not be made among all

possible stAtes, but only among classes of states with different

instructional implications. The new tests to inform instructional

decisions need merely(!) present tasks that learners in thte

different states are likely to carry out in observably ditterent

ways. Not only correctly as opposed to incorrectly, but at what

speed, with what intermed'ate products, or with vhich incorrect

response: not simply as independent pieces of information from

distinct items, but in patterns of similarity, dissimilarity, or

independence across tasks that probe knowledge structures and

problem-solving strategies. The new test theory need merely(',)

provide models whoE:e parameters are capable of e-'ressing the

salient patterns, and inferential procedures upon which to base

instructional decisions in the presence of uncertainty.

Foundations of the new pedagogy are to be found in the union

of analyses of key concepts in a substantive area, research into

the cognitive psychology of the area, and detailed observations of

learners as they progress. Greeno (1976) argues that the tools

and the perspectives of cognitiv( and educational psychology have

developed to a point at which thev can be used to generate

instructional objectives in this manner. He provides detailed

illustrations in three substantive domains at increasing levels of

complexity and sophistication: fourth-grade fractions, high school

gemtwLI;, -!Id collge level audi 'rv psvchoph-ysicr.

Fou ditions of the new theory of test construction are

similarly to be found in educational and cognitive psychology

(Embretson, 1985.: Messick, 1984). Standard vocabulary items

suffice to ascertain the breadth of a learner's failiarity with

concepts in a substantive area, but tasks based on an,1logies prob.

the interconnect ions among concepts. Speed ot response is more

itormative than correctness about the automaticitv of procedures.

14



hence a better guide to assigning additional practice on a

currently conscious process. Designing appropriate measures

demands familiarity with the substantive field, not just about the

knowledge structures of the expert but about the incomplete or

inaccurate structures novices often use. To see how the requisite

cognitive and substantive analyses might be carried out, and how

tasks that differentiate among learners at different states of

competence might then be cu,.:tructed, the reader is referred to

CuL . nd Slascr (19', on rcading achiv.'cc'ernt and Marshall

(1985) on "story problems" in arithmetic.

Foun-dations of the nev test theory are to be found in the

general principles that led to the development of item response

theory. The examinee will be characterized by parameters that

express tendencies to act in accordance with the various

continuous levels or (discr,.te states in simplified models of

cognition. Tasks will be characterized by parameters indicate the

extent to which thtv tap different aspects of knowledge

structures, procedures, or strategies. As in IRT, individual

differences amnong e--qmire-s that are not salient to the decision

will be modeled as random--noL as a psychologically tenable

position, but as a practically useful expedient.

Beyond "Low-to-High Proficiency"

The breadth of problems to which standard test theoretic

models have been usefully employed, despite their limited low-to-

high conception of proficiency, suggests a certain robustness of

modeling. It is not necessary that models account tor all

possible ways students might approach a test, but it is necessary

that they can capture instru lionaliv relevant patterns. A test

must be designed to higli ight *he pertinent patterns, and analyzed

with a model capabe of t'xpressing them.

The idea of h1uilding test items around cognitive principles

can be traced back at Vist as far as to Guttman's facet design

tests (Guttman, 1970). (:uttman worked out analytic methods for

analyzing data from such tests within the framework of classical
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test theory. Scheiblechner (1972) and Fischer (1973), with their

"linear logistic test model" expressed item difficulty parametrrs

in the Rasch IRT model as functions of psychologically salient

features of test items, but still characterized examinees iii termis

of overall proficiency. More recently, test theory models built

around patterns other than overall proficiency have begun to

appear in the psychometric literature.

"Tectonic plate" models. Increasing competence in a

substantive area need not be reflected as uniformly increasing

chances of success on all tasks. Patterns of smooth increase may

be observed for certain people on certain sets of tasks, in

certain phases of development; standard test theory will givE good

summaries of change in these neighborhoods. Discontinuous

patterns of change begin to appear as the scope of tasks becomes

broader, a. the range of development becomes greater, and as the

range of experiences of examinees becomes more diverse. "Tectonic

plate" models generalize IRT by allowing for a limited number of

r'deterqlined, theory-driven, discontinuities in item response

patterns. In tectonic plate geological models, points within a

given land mass, or plate, maintain their relative positions, but

the plates move with respect to one another. In tectonic plate

psychometric models, items tapping the same set of skills maintain

their difficulties relative to one another, but the difficulties

of the groups of items change with respect to other groups as

learners acquire new skills or concepts.

WIilson's (1985, 1989) "Saltus" model extends the Rasch IRT

model to development with discontinuous jumps. An example is

biegler's (1981) rule-learning analysis of balance-beam tasks,

where students can increase their competence either by using the

rules they know more effectively (continuous change) or by

learning new rules (discontinuous change). Sometimes students who

learn a new rule begin tn miss a type of problem they used to get

right, because their previous, less complete, set of rules gave

the right aswtrs for the wrong reasons. This pattern flouts

standard test theory. The Saltus model assumes that each examinfe

16



is in one of a number of unobservable stages of development.

"-ems are classified so that all items in a class have the same

relationship to developmental stages. One set of item parameters

expresses relative difficulties among items within item classes,

which, like Rasch item difficulty parameters, are the same for

people in all stages. A second set of parameter, quantifies

patterns that the Rasch model cannot express: differences in

relative difficulties between item classes for people in differenit

stages, such as the difficulty reversals mentioned above. Saltus

is effectively a mixture of standard Rasch models.

Mislevy and Verhelst (in press) have discussed mixture models

more generally, listing assumptions, laying out general models,

and suggesting estimation procedures. They emphasize situations

in which different subjects follow different strategies, pointing

out LILaL instructional decisions can depend on how students solve

problems, not just how many they solve. The salient features of

items are those that can differentiate among users of different

strategies, mental models, or conceptions about key relationships.

An examinee is characterized by the probabilities that she

employed the various alternative strategies, and a conditional

estimate of proficiency under each. Measurement with such a model

can indicate change that is either quantitative (e.g., the

examinee employed Strategy A on both occasions, but more

effectively at the second) or qualitative (E .g., she used Strategy

A before instruction but Strategy B afterwards).

Latent class models. Although models with continuous latent

variables have dominated educational measurement, Lazarsfeld

(1950) introduced models with categorical latent variables nearly

half a century ago. Most educational applications of latent class

models have been in "mastery" testing; one attempts to infer an

examinee's unobservable state--master or nonmaster--on the basis

of observable responses (Macready and Dayton. 1977, 1980). In the

more recent "binary skills" models (Haertel, 1984), examinees are

classified in terms of which of a set of skills they possess.

T "Ii true" classification is unobservable Itens are classified
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according to which of the skills they require' for solution. This

classification is known. Ideally, an examinee responds correctly

to only and exactly those items that require skills he or she

possesses. The st chastic parametcrs of the model reflect

departures from this ideal.

Except in the special case of mastery testing, computational

constraints have limited applications of latent class models to no

more than about ten items until recently. Information about skill

profiles in groups can be gleaned from such data, but individuals'

skills could not be inferred accurately. Improved computational

procedures have opened the door to applications with 50 or 60

items (e.g., Paulson, 1986; Yamamoto, 1987), and work with

structurally similar models in expert systems holds promise of

handling much larger problems (Lauritzen and Spiegelhalter, 1988.

Progress in this direction is vital to educational applications,

since these inferences demand more data that low-co-high

proficiency inferences. Moreover, adaptive testing, which made

IRT measurement more efficient, will be able to make latent class

measurement practicable (Dayton and Macready. 1989. Falmagne and

Doignon, 1988).

Componential models. The models described above were

introduced with right/wrong test items, which, if construrted

carefully, yield response patterns that differentiate examinees

who tackle them in different ways. Richer information can bt

accumulated if it is possible to track intermediate products of

solution. Consider, for example, a situation in which the biarv

skills model applies. inferences about skill profiles can be

stronger if one can be see which subtasks were attempted and their

outcomes: overall correctness can result from one sequence of

correct operations or another, or a fortuitous mixture of correct

and incorrect operations; overall incorrectness can be caused by 'I

poor plan of attack, or a flawed execution of a good plan. Early

implementat ions of these ideas have been worked out by Embretson

(1983, 1085h) and Samejima (1983).

18



All of the models discussed above--tectonic plate, latent

class, and componential models--exhibit the same cardial feature:

they support inferences about proficiencies other than just low-

to-high ability because, and only because, the user specifies

theoretically salient patterns of response other than just less-

to-more correct answers. Current implementations require

expertise in statistics as well as in the substantive area. Test

theory researchers must embed these approaches in generally

applicable computer routines, or shells, so that a broader range

of users can put them into practice in the substantive areas.

Beyond Right/Wrong, Multiple-Choice Items

Currently IRT is used alnost exclusively to draw inferences

about a low-to-high proficiency variable from responses to

multiple-choice test items. The preceding section discussed how,

even with mutiple-choice data, one can found inferences upon

radically different conceptions of proficiency. Inferences can he

made Yet stronger, and decision-making more efficient, it

different kinds of data can be collected.

We have mentioned the possibilitv of e:,.ploiti ng the idenzit v

of incorrect responses to multiple-choice items, for when

particular misconceptions are probed in more than one item and wte

wish to infer how an examinee is approaching tasks. IRT models

that distinguish among incorrect alternatives have been discussed

by Bock (1072), Masters (1982), Samejima (19/9), and Thissen and

Simi ar diffusion processes have already occurred in two
area related to test theory. The first is IRT itself. In the
1960's, only a handful of mathematically talented researchers
could use IRT; now IRT is widely used by practitioners by virtue
of production programs such as LOGIST (Wingersky, Barton, and
Lord, 1982), BILOC (Mislevy and Bock, 1983), and BICAL (Wright,
Mead, ana Bell, 1980). The second area is that of linear

structural relationships among variables with measurement error.
Proposing such a model and solving the equations was once
practically grounds for a Nobel prize in economics; now anyone
with access to the LISREL computer program (Jorpakog and Sorbom,

1986) can routinely carry out analyses undrpdmed of a few decades
ago.
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There are two levels at which expert systems could be

implemented in educatioril settings. The first appears more

amenable to end-of-course or macro-level decision-miking, while

the second seems better suited to an ongoing instructiofnal VSt,.

In the first, simpler, approach, an expert system is built

oiily for a "correct" model. An examinee's responses are evaluate.d

in terms of their efficacy at each dEcision point as compared with

the best possible action given present information. If scores

were also available from a standard multiple-choice test of

knowledge, one could distinguish performance problems caused by

strategic errors from those caused by knowledge deficiencies.

In the second, more ambitious, approach, not only would a

correct expert system be built, but examinees' possibly "inexpert

systems" would be inferred. Perhaps the best known example of

this type is Anderson's (Anderson and Reiser, 1985) computer

programming tutor. Although more individualized instructional

prescriptions can be made in this way, inferring even selected

aspects of examinees' schema and strategies requires far more data

than does comparing performance to a fixed expert model. A

successful system of this type would probably require a more

constrained problem space and more extensive interactions of the

learner with the simulation.

Conclusion

Einstein's theory of relativity revolutionized physics, but

it extended rather than supplanted Newton's laws of motion.

lassical mechanics still works just fine, thank you, for building

bridges, planning billiards shots, and figuring out how to stand

up from a overstuffed easy chair. And as long as educators are

C'alled upon to make the macro-level, linearly-ordered decisionis

,hat engendered standard test theory, standard test theory will

continue to he useful, and will continue to be used. Recent

developments in technology, however, provide opportunities for

alecision faking at the micro-level more frequently and for larger

num)ers of students . in ever before- recent developments in

a]



education and psychology give us conceptions of competence and

learning that can be used to guide these decisions.

Researchers in education and psychology have begun to lay the

theoretical groundwork to link testing with the cognitive

processes of learning. Meanwhile, researchers in measurement and

statistics have made breakthroughs in inferential procedures for

the models of standard test theory. To inform modern educational

decisions requires drawing together the insights from these two

strands of research--the twin foundations of a new test theory.
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